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This definition is consistent with the rest of the theory
to which it belongs, but is, at the same time, open to the
general objections to it.1 Mr. Yule admits that A and B may be
independent in the world at large but not in the world of C's.
The question therefore arises as to what world given evidence
specifies, and whether any step forward is possible when, as is
generally the case, we do not know for certain what the propor-
tions in a given world actually are. As in the case of Cournot's
independent series, it is in general impossible that we should
know whether A and B are or are not independent in this sense.
The logical independence for knowledge which justifies our
reasoning in a certain way must be something different from
either of these objective forms of independence.
6. I come now to Boole's treatment of this subject. The
central error in his system of probability arises out of his giving
two inconsistent definitions of ' independence.9 2 He fixst wins
the reader's acquiescence by giving a perfectly correct defini-
tion : " Two events are said to be independent when the
probability of the happening of either of them is unaffected by
our expectation of the occurrence or failure of the other." 8 But
a moment later he interprets the term in quite a different sense ;
for, according to Boole's second definition, we must regard the
events as independent unless we are told either that they must
concur or that they cannot concur. That is to say, they are in-
dependent unless we know for certain that there is, in fact, an
invariable connection between them. " The simple events, ec, y, z,
will be said to be conditioned when they are not free to occur in
every possible combination; in other words, when some com-
pound event depending upon them is precluded from occurring.
1 See Chapter VIIL
8 Boole's mistake was pointed ,out, accurately though somewhat obscurely,
by H. Wilbraham in his review " On the Theory of Chances developed in Professor
Boole's Laws of Thought" (Phil Mag. 4th series, voL vii., 186*4). Boole
failed to understand the point of Wilbraham's criticism, and replied hotly,
challenging him to impugn any individual results (" Keply to some Observations
published by Mr. Wilbraham," Phil. Mag. 4th series, voL viiL, 1854), He
returned to the same question in a paper entitled " On a General Method in
the Theory of Probabilities,'* Phil Mag, 4th series, vol. vffi., 1854, where he
endeavours to support his theory by an appeal to the Principle of Indifference.
McColl, in his "Sixth Paper on Calculus of Equivalent Statements," saw
that Boole's fallacy turned on his definition of Independence; but I do
not think he understood, at least he does not explain, where precisely Boole's
mistake lay.
8 Laws of Thought, p* 255.   The italics in this quotation are mine.